
The Adjoint and Inverses

Let C = [Cij ] be the matrix of cofactors of A. We call C the adjoint of A.

Theorem: If detA 6= 0, then

A−1 =
1

detA
CT

This is the generalization to n× n matrices of[
a b
c d

]−1
=

1

ad − bc

[
d −b
−c a

]
Indeed, for this 2× 2 matrix, C11 = d ,C12 = −c ,C21 = −b,C22 = a.
Proof of theorem:

ACT =

 a11 · · · a1n
...

. . .
...

an1 · · · ann


 C11 · · · Cn1

...
. . .

...
C1n · · · Cnn

 =

 detA · · · 0
...

. . .
...

0 · · · detA


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