Proof of the claim aZ C bZ <= b|a

aZ C bZ <= bla (1)

@ Assume that aZ C bZ.

@ In particular this implies a € bZ.

@ Then ais multiple of b.

@ Then b|a.

@ Assume b|a.

@ Then a = kb for some k € Z.

o Choose x € aZ, then x = la for some | € Z.
o Then x = I(kb) = (Ik)b € bZ.






