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Proof of the claim aZ ⊆ bZ ⇐⇒ b|a

Theorem

aZ ⊆ bZ ⇐⇒ b|a (1)

Proof.

=⇒
Assume that aZ ⊆ bZ.
In particular this implies a ∈ bZ.
Then a is multiple of b.

Then b|a.
⇐=

Assume b|a.
Then a = kb for some k ∈ Z.
Choose x ∈ aZ, then x = la for some l ∈ Z.
Then x = l(kb) = (lk)b ∈ bZ.




