
Problems

Problem 1: Let F : Z+ → Z be defined recursively by

I F (1) = 3

I F (n) = 2F (n − 1) + 1 if n ≥ 2

Prove that F (n) > 2n−1 for all n ∈ Z+.

Problem 2: Let An, n ∈ Z+ ∪ {0}, be defined by

I A0 = {0}, and

I An = An−1 ∪ {n2} if n ≥ 2.

Prove that An = {i2|0 ≤ i ≤ n, i ∈ Z} for all integers n ≥ 0.




